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OEMA A

A1l.

A2.

A3.

A4.

‘Eotw pia ouvdaptnon f mapaywyioiun oe éva didotnua (a,B), ue
ggaipeon iowg £€va anueio Tou X,, 0TO OTOI0 OUWG N f eival ouvexnc.
Av f'(x)>0 oto (a,X,) kai f(x) <0 oT1o (X,,B), T67¢ va amodeifeTe OTI

10 f(X,) €ivar Tomiké péyioto Tng T
Movadeg 7

Mote 80o ouvaptioeig f, g Aéyovral ioeg;
Movadeg 4

Na d1aTuTTwoEeTeE TO Bewpnua HEONG TIMAG TOUu dIA®OPIKOU AoyiopoU Kal
VO TO EPUNVEUCETE YEWMETPIKA.
Movdadeg 4

Na xapakrtnpicere T1IC TPOTACEIC TTOU akoAouBoUv, ypdeovra¢ OTo
TETPAdI0 oag, OiTAa oro ypduua 1mouU avrioTolxEli o KGBe mpdraon, 1n
Aéén ZwoTo, av n mporaon civar cwaorn, B Aa@og, av n mpdraon givai
AavB@aouévn.

a) MNa kdBe ouvexy ouvdptnon f:[a,B] >R av G civar pia

B
mapdyouoca 1ng f oto [a,B], T6T1E TO j f(t)dt = G(a)—-G(B).

B) Av o1 ocuvaptrioeig f,g éxouv 6pio oto X, kai ioxuel f(Xx)<g(x)
KOVTd a1o X,, 16T1e lim f(x) < lim g(x) .
X—Xg X—Xg
y) Kabe ouvdaptnon f, yia tnv omoia 1oxter f'(x)=0 yia kdbe
X € (0,X,) U (Xy,B), €ivar otabepr oTo (A, X,) U (X4,8).

8) Mia oguvdptnon f givar 1-1, av kar pévo av, yia KGBe aToIXEiO ¥ TOU
ouvoéAou TIHWV NG, n egiowon y="f(x) éxel akpIBwg pia Alon wg

TPOG X.
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g) Av n f eivai ouvexig oto [q,B], 161e n f maipver oto [0,B] pia
MEYIOTN TIMA M Kal pia eAdXIOTN TIPAR m.
Movdadeg 10
©OEMA B

Aivetal n ouvdpTtnon f(x) = » XelR.

x2 +1

B1. Na Bpeite ta diaotAuyata ota omoia n f eivar yvnoiwg avfouoa, ta
diaoTripara ota omoia n f eival yvnoiwg @Bivouoa kai ta akpoétara tn¢ f.

Movadeg 6

B2. Na Bpceite Ta diacTAparta ota omoia n f eival kupth, Ta dlacTApaTa oTa
omoia n f cival koiAn kal va TpocdiopiceTe Ta onueia KAUTAS TNG
YPA®IKAG TNG TTapAcTAONG.

Movdadeg 9

B3. Na BpeBoUv ol aCUPTITWTES TNG YPAPIKNS TTapdoTaong Tn¢ f.
Movadeg 7
B4. Me Bdaon 1ig atmaviioeig oag ota epwTthpata B1, B2, B3 va oxedidoeTe Tn
yPa@IKA TapdoTtaon Tn¢ ocuvdpTtnong f.

(H ypa@ikn TapdcTaocn va oXedlaoTel JE OTUAO)
Movadeg 3

OEMAT

2
M. Na AUoete TV e€iowon X —x*=1=0, xeR.
Movddeg 4

F2. Na Bpeite 6Aeg TIg ouvexeic auvaptioelg f:R - R mou Ikavotololv Tnv
2 2
oxéoan f2(X)=(ex _X2_1) yia kdfe xeR kai va aitioAoynoete Tnv

aTdvTnon oag.
Movadeg 8

2
r3. Avf(x)=e* —x*-1, xeR, va amodeixbei 611 n f €ivar kupTH.

Movddeg 4

r4. Av f civai n ouvdptnon Tou epwtiuatocg M3, va AuBsi n e€icowon:

f(Inux| +3) = f(Inux|) = f(x+3) -f(x)

6tav X € [0, +o0).
Movadeg 9
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OEMA A

Aivetar auvdptnon f opiopévn kai dUo @opéc TTapaywyiciyn oTo R, ME OUVEXN

0elTEPN TTAPAYWYO, YIa TNV oTroia 1IoxUEl OTI:

A1,

A2,

A3.

A4,

W

. I(f(x)+ f"(x))nux dx = Tr

0

e fR)=R xar lim ) _1
x—)Or"JX

e ef™ix= f(f(x))+e* via ka6e xeR.

Na dei€ete 6T f(TT) = T (Movddeg 4) kai f'(0)=1 (uovadeg 3).
Movadeg 7

a) Na deifete 611 n f dev mapouoidlel akpotata oto R. (povddeg 4)

B) Na deitete 6T n f givar yvnoiwg avéouca oto R. (novddeg 2)

Movddeg 6
) . NUX+OUVX ,

Na Bpeite TO  lim —. Movdadeg 6

xovm  f(X)
e'IT
f(Inx

Na deigete 611 0 < I ( )dX < . Movadeg 6

X

1

OAHTIEZ (via Touc eEetalouévouc)

210 €EWQUAAO TOoUu TeTpadiou va ypdyete TO e€feTalOuevo padBnua. XTo
ECWQPUAAO TMAVW-TTAVW VO CUUTTANPWOETE TA ATOMIKA OTOIXEia pabnTh.
ZTNV apXN TWV ATTAVTACEWYV O0AG VA YPAWETE TTAVW-TTAVW TNV nUeEpounvia
Kal To €feTalopevo pddnua. Na pnv avriypdyete 17a BépgaTta oto TeTpddlo
Kal va N ypawete TouBevd OTIC GTTAVTACOEIG 004G TO OVOPd 0dg.

Na ypdyeTe TO OVOMHATETTWVUMO C0OG OTO TTAVW HEPOG TWV QWTOAVTIYPAQPWY
auéowg POAIg oag TTapadoBouv. TuXOv OnNUEIWOEIS Oag TTAVW OTAa BépaTta dev
0a BaBuoAoynBouv oe Kapia TepimTwon. Kard tnv amoxwpnonl ocag va
TapadwoeTe padi e 7o TeETPAdIO KAl TG QWTOAVTiypaQa.

Na amaviioeTe 010 TETPADIO cag o O6Aa Ta Bépata povo pe PTmAe 1 poévo
ME HaUpo OTUAG pe peAdvI TTou dev ofrivel. MoAUBI emITPETETAI, MOVO AV TO
{nTdel n ekewvnon, Kal yoévo yia Tivakeg, dlaypdpuuaTa KAT.

KdBe amdvinon €mMICTNUOVIKA TEKUNPIWHEVN €ival ATTOOEKTH.

Aldpkera eEétaong: Tpelg (3) WPEG META TN SIAVOMN TWV QWTOAVTIYPAQWYV.
Xpoévog duvaTtig amoxwpnong: 10.00 ..

2A2Z EYXOMAZTE KAAH ENITYXIA
TEAOZ MHNYMATOZ
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